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In the proof of Theorem 1 in the paper by Cai andWang (2014),
the statement on page 12 of Cai and Wang (2014), ût = ut +

Op(n−1/2), is not enough to show the asymptotic distribution of
β̂ . Therefore, the statement on page 12, ‘‘Hence in the following
proof, we will use ut to replace ût without further explanation’’, is
inaccurate. Indeed, by using the notation in Cai and Wang (2014),
n−1/2n

t=1 ût ⇒ Wu(1) − ξc
 1
0 Kc(r)dr by using Cai and Wang

(2014, properties (a)–(d) on page 6), where ξ = [
 1
0 Kc(r)dWu(r)+

Ω1]/
 1
0 K 2

c (r)dr . Therefore, the term −ξc
 1
0 Kc(r)dr in the above

equation is missing in the proof of Theorem 1 in Cai and
Wang (2014). Then, Theorem 1 can be correctly restated as
follows.

Theorem 1. Under Assumptions A1–A3, we have
√
nDn(β̂ − β)

d
→MN


0,


β


+ η1,

where η1 = (0, 0, β1ξ)T .

Similarly, in the proof of Theorem 2 in the paper by Cai and
Wang (2014), the statement on page 13 of Cai and Wang (2014),
ût = ut + Op(n−1/2), is not enough to show the asymptotic
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distribution of β̂ for θ ≠ 0. Therefore, Theorem 2 should be mod-
ified accordingly as below.

Theorem 2. Under Assumptions A1–A3 and model (6) with c ≤ 0,
we have

√
nD∗

n(β̂ − β)
d

→N


0,

∗
β


,

where


∗

β = S∗−1
0 S∗∗

0 S∗−1
0 , S∗

0 is defined on page 13 of Cai andWang

(2014), S∗∗

0 = Var(η2) and η2 = (Wε(1),Wuv(1), θ
 1
0 (exp(rc) −

1)dWε(r)/c)T .

Finally, β1ξc should be added into the right hand side of (10) in
Cai and Wang (2014). Also, σ 2

u in the (2, 2)th element in matrices
Ω, Ω∗ and


∗

β on page 7 and Sn and S∗
n on page 13 in Cai andWang

(2014) should be Var(ut), σ
2
u in (9) in Cai and Wang (2014) should

be Var(ut)
4 and 1/

√
n in (A.5) should be 1/n.
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